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Funkce vice proménnych

Lokalni extrémy funkci vice proménnych

Hledejte lokalni extrémy nasledujicich funkci
1. $2+y2; x2_y2; _I.Q_yZ
2. ot +yt — 2% — 2xy — 9
3. (ZE2 _|_y2)e—(:c2+y2)

4. (22% — zy +y%/3 — 5a + 5y /3 + 10/3)e" Y
_ Jayln(@® +y?), (z,y)
1= { (,9)

6. x+y+4coszcosy

7. sinz + cosy + cos(x — y) na intervalu (O, g) X (0, E)

)
8. x—2y+1 2+ y?) + 3arctg = 0
=2y +In(y/2? +y?) + Barctg o #
9. 2+ + 22+ 22 +4y — 62

2 2

10. (azx + by + cz)e™ ™ V"%

Implicitni funkce
11. Dokazte, Ze existuje okoli V' bodu (1, 1) takové, Ze mnozina
{(z,9);2° + ¢y =20y =0} NV

je grafem n&jaké funkce, kterd je tiidy C? na néjakém okoli bodu 1.
Spoctéte f'(1) a f(1).



12.

13.

14.

15.

16.

17.

Dokazte, ze existuje okoli V' bodu (3, —2,2) takové, Ze mnozina
{(z,9,2);2° —2z+y=0}NV

je grafem néjaké funkce, kterd je t¥idy C? na né&jakém okoli bodu
2
(3, —2). Spoctéte §2(3,-2).

Spoctéte parcialni derivace 2. fadu funkce implicitné zadané vztahem
T4y +z=e @y,

Naleznéte prvni a druhy diferencial funkce dané vztahem z = z +
arctg 2.

Jsowli v = f(y,2), y = g(x,2), 2 = h(z,y) implicitné zadany vztahem
F(z,y,z) = 0, ukaite, ze f,g.h, = —1.

T

sinu
sinv Y

Napiste du a dv, je-li u+v =z + v,
Hledejte lokalni extrémy funkce z = z(z,y), dané implicitné vztahem

(2° +y* + 22 = a*(2® +y* — 7).
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kreml
Pencil

kreml
Pencil

kreml
Pencil

kreml
Pencil
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Pencil
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ac                 bc        r^2+c^2


|
|

QF Ad o o " e e e 9_(:__’0
o = - I;A‘Ei k- @ & (%—K\”*G'L ' VsL%"l‘"‘QM‘L floanad SN Qe
o
@ % L A ) _
B e m AT T e
= .
03 5 =0 ’BC‘A&\\A @:.Uo"\d\,\ qﬁo_a't\c:)e ?\}mkfo 2y
-0 (e aig) &
ox Q- | 2 ¥ 29
ST
X\ A " 9 A (2 ,() &u\ ‘5—1_
o AQM ?M‘Ld 51}__ L = K\
A M—G it
2% 9_1 ____T____—
X) +
U @)+ Q (2*"7*3 d @=0r8
A EN I (\\,\ by X .\
d @“)AQ

S’\’\AAMD\/\A\LML ca_?—-ea% =0 %ﬂ\&h M df&{ ?m%} ‘ﬁ&a.(]

= 9*’ [(%—x\iil 9226&3 D-K%-x\ *{‘\*Q -@-x) 1[3* @-xyﬁ 1 1 2(2 A)(7+4){H)+ )
@ ’m& 33 (Gt fleoﬁ ((%—dfd J\
hotbd  d2(li)= 'M hoks
, (Fegegd
«S) %)-O \l3e fmm 200 T@;AP&QQAW oY E—Ea&o 2—(‘%0 @ S—f#o,

X= %(3\?5\ (?&\’L\‘UM —g- '\‘k&d glg_MuA.(SM T.«.Lu ,_At)a roduf. @ J(QL gqu ,,.d

Tdle Aiboutlo il ;a_rf_@& PO, Odhud };ﬁ_
X 3& d @E

=t
3;&(?‘\?:\ &-MQQ‘M ?OCL%- % Or 93 ’g‘:;_o (OO\M ?3_=-_ 9‘5;
5
:\M(K\ o P . 9\-— QE (3_\2/ 9‘.\) d 5
2 3\ ”"”‘“"UQM eodle x . ¥ o= O.Mm\97=_ L5
gz



e

6 | o
) W= X« X4 dar a = &
M a k F ( 3\ \13 M;tv X - 6 o Netes A.,(vo\ . V(k\'x ) (J

NS
2z = z,()(.s\u.\l\ Suw J = €

x
Sim v 3
\[Lﬂ:n\ dxdj ) ‘\;\-TM\NL %M\\U\. \JJ'SA}»JL
OF

Mma&\' ALWM‘M% \1*“
A

ok e o %0 . Mo _Sima a0V Coa A
o 9OR PN wor sww ) oy N
%N W SimV ;;:\{:/
. s‘m(ww?
Smv
ML &.M\J prasond v boded, V¥ kT |
Y] WV ¥ \'T‘-‘ )(o}_q, d* o
P %&E\’fmi Mo @ AV Qa\?L\AjAA..L \m.fc;p:.Q«,.i dopvae, A~V T‘”&L k‘d'
Dactvn:
,U‘\\JxQJ-M Stu;\d h(\( Lu(k V(Ka\\ O ’\DOA-Qk x Qea_
Ry A (*\3\ (g =0
(a?‘ aw (a\l
‘8_' \ -_— % 5—— '/\ =0
_)( ox . Dv %\M_ Sa«.s\q, : 2‘, = '( g_;(
(a("z ‘ Coowﬁsm\l-SwNwovﬁ A
ox W = 5=O s\‘N(puw\ ‘a_‘_‘, _ SV _A_ O
SV DX S
2
Qw _ A SimawceaV | Sy
ox |17 swv Sim +¥)
v _ comimy Sfsz
9)( S\\M(M‘V\’\ . s.‘m(uw)
QF, W OV _f =0
5-5: & T Q A= 4,
RV " 0 Y
S\n\(ww\ 9‘-0 _ Sl CoaV + 2(‘7‘,7' O

mm(gﬁ’sw - MWV G ow -
\é_____f—f—‘l + ES:L: 0 . 'BJ POV

Lindy . < »3'\/
@w X SV CedV \ =

O (-2 y 77— |
- = 2 S\‘m(u.fv)

? SV
AR ¥
(a\/ LeniuS\mV ¥ S\m VvV
o At

BJ Sim( Ld'v) S’ Sim (uf\l)

tladac \W ( S\M\J SW“’“‘N \ —xsuf v S'Mw(‘.oov
\3 O\N( \ 6 S\M(“N\ Sim{n) \N1 ) BS‘\I‘\(M\’V\ Sin (1wt V) lvl

C)U\u/»(\q\= vl __,_.-S‘\"‘1V |, 4| Comanin X SV
\ \ A . D\M(Mhl) Lj

Sim() A Sim(ae Sim{sutv) \3




’\i T(x %} Q('\l‘\-l) o\(,&i {L) =0 @
=0 * Rounaee F(&(Q\%\ o) SKLAQ @fw gl";\ Q%a%\ (°°°§ N%-&MEQOL-D& %ﬁ
Tk add w40 @ Buo a>0
B gy 2n 223 -2 (22608, 4 ki 200
Daf ’Y'qus,_.\ v Bo&‘& \LALEQO w 2=0 \au.s\m ?NQILSSV [%"'Ww/""“‘ul’t‘d"“""“ "‘”“‘*'L"“"‘d&‘v"]
MR“‘@M F’(’(\a\%{x.\u&\\ TooLQaK&Q: 2(&&1«%1\'(2x*2%'"’>_ ‘(2%-7_%97 =0
2.3{6,( (a.*rZLxmﬂ,» 1>< o = 2 (% Zﬁf’}

P x, oo Z@qﬂl
9% z a..+2_(¥.+ *&)

|8

A 2 A
_ D& Y4 .o}-Z(xtg\«El X 2 2 21__
?a&n‘omﬂ =& &*2(‘}*‘3(%1) . V?.*:O mo\s&%«L . 10&\0}, v L&LQL K+a-\' =

'L‘L%o.;
m"‘dxfd C?

rod T ¢ - \ ' c\' @ (M\\a, O‘('/\'\.CL,.
B bl 8l 0 W e Ve *

~3

Pold 2,20 ek 3= €O

11%03'

DL gl du s v b, ol e mile Ay G
o (2 en [aclos))- 2elid]) - (£234) ig,( el 4“1,29(9

S (B}
BC\SQ.LM v SWKTNJB\ LM\ u_q pmaias, ag~ 2( J ?') \%—O ){4 ‘\‘i ’O—Z
o - /{é
Lot Baye DEE0 by B

= (28} o

B ably-ten) e () xlabfa) . B () S
9’@(3 1 (q+2(»<+ +'t\) b 5 e

& X K ¥ e il nse_g,“ L\ﬂa{miﬂu
Hio)- "(Ea( J> nm(d Jﬂ}\\ bt sontdafinch

3 J ’F"‘m«a % &(\U\ S(SA *j%*lﬂ‘uk = (XLH’ L,\ >0
@ v Aw(nﬂu Bdsw EDLCLL moshu QX VRS

Qb = P 220 H(B)/u«kwf Wdﬂ‘? :
i . 40 g o v bdded. B Jo Lol paded i,

'P’O &‘2 SO k\\‘- ""{F(&) To%(hvﬁ; Sfﬂw-o(ﬂ#

— . B id ¥ 7 .

AP Y —— S— T



